Abstract. Split-decomposition theory deals with relations between R-valued split systems and metrics. Here, we generalize (parts of) this theory, considering group-valued split systems that take their values in an arbitrary abelian group, and replacing metrics by certain, appropriately defined maps (some of which appear to exhibit a decidedly algebraic flavour). In the second and the third parts of this series of papers, the main results of split-decomposition theory will be established within this conceptual framework.
